Introduction. Let
for some α (0 ≤ α < 1). A function f (z) belonging to K(α) is said to be convex of order α in U. We note that f (z) ∈ S * (α) if and only if zf (z) ∈ K(α) and denote by
kz k is the extremal function for the class S * . But
For the partial sums f n (z) of f (z) ∈ S * , Szegö [2] showed the following theorem. 
Function F n (z).
We define the function F n (z) which is the partial sum of
Proof. Note that
Since, the right-hand side of (2.4) is increasing for cos θ if |a n | < 1, we obtain (2.2). Further, we also see that
This completes the proof of the theorem.
Next, we derive the following theorem.
Proof. Noting that
we have
1 + n a n r n−1 cos θ 1 + n 2 a n 2 r 2(n−1) + 2n a n r n−1 cos θ , 
3. The partial sums of certain analytic functions. In this section, we consider the partial sums of functions f (z) = z/(1 − z) and f (z) = z/ (1 − z) 2 .
is the extremal function of the class K. Then f 3 (z) ∈ S * (626/961) for 0 ≤ r < β (1/7 < β < 1/6), where β is the positive root of
Proof. We consider α such that
for 0 ≤ r < β. This implies that 
If we write
It is easy to check that g 1 (r ) is decreasing for r (0 ≤ r < 1/ √ 3). Therefore,
Also, g 2 (r ) is decreasing for r (0 ≤ r < β), because g 2 (0) = −2 < 0 and g 2 (1/6) = −31/27 < 0. This gives that
Consequently, we conclude that for 0 ≤ r < β.
Finally, we obtain the following theorem. 
Proof. Since 
